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1 cusp form $L$
$L$ $f$ $SL_{2}(\mathrm{Z})$
$k$ Hecke eigen cusp form $\infty$ Fourier
$f(z)= \sum_{n=1}^{\infty}a$n $e^{2\pi inz}$ $f$ $f$ $L$
$L \mathrm{y}(s)=\sum_{n=1}\frac{a_{n}}{n^{l}}$
$Re(s)>(k+1)/2$ Ramanujan $a_{n}\ll n^{(k-1)/2}$
Rankin 1939 Fourier















$\ovalbox{\tt\small REJECT}(s)$ Golube Fomenko ([3] )
$\sum_{n<x}a_{n}=O(x^{k/2-1/6+\epsilon)}$









$k>0$ $k=$ $(k, k, \cdot.., k)$ $SL_{2}(O)$
$k$ Hilbert cusp form $f$ Fourier
$f(z)=$ $\sum$ $a(\xi D)e^{2\pi i\mathrm{t}\mathrm{r}(\text{\’{e}} z)}$
0 \mbox{\boldmath $\xi$}\epsilon D-1
$0\ll\xi$ $\xi$ Hilbert modular form $f$
$L$











a(A) $|^{2}= \frac{(4\pi)^{gk}\pi^{g}}{2kD^{k+1}\Gamma(k)^{g}}<f,$ $f>\lambda\zeta_{K}^{-1}(2)x^{k}$
$+O$ $(x^{k-2/(4g+1)+\epsilon})$
$N(\mathcal{D})=D$ $\lambda$ Dedekind $\zeta$ $\zeta_{K}$ (s)












$g=1$ Golubeva-Fomenko $\mathrm{R}\mathrm{a}\mathrm{r}\mathrm{n}\mathrm{a}\mathrm{n}\mathrm{l}\iota \mathrm{i}\mathrm{a}\mathrm{n}$
$a(A)=O(N(A)^{(k+1)/2})$ 2003 Blasius
Hilbert modular form Lmanujan













Ramanujan Ramanujan $\text{ }$ $\langle$
$L$
...





Hafner I Riesz Vorono.i brmula
([4] )
$A_{g}(x)=Q_{g}(x)+ \sum_{n=1}^{\infty}\frac{(2\pi)^{gk}b_{n}}{\{(4\pi^{2})^{g}n\}^{k+g}}F_{g}((4\pi^{2})^{g}xn)$ .
$Q_{g}$ (X) $F_{g}$ (x)
$Q_{g}(x)= \frac{1}{2\pi i}\int_{C}\frac{\Gamma(s)L_{f}(s)x^{g+s}}{\Gamma(\epsilon+g+1)}ds$
and




1 ( $0<\tau\leq x$ )
$A_{g}$ (x) Vorono.i formula $x_{g}=x$
$\Delta_{\tau}(A_{g}(x))=o\int_{a_{g}}^{e_{g}+\tau}\ldots\int_{x_{1}}^{x_{1}+\tau}A_{0}(x_{0})dx_{\mathit{0}}\ldots d_{g-1}$
$= \int_{\varpi_{g}}^{x_{g}+\tau}\ldots\int_{l_{1}}^{x_{1}+\tau}\sum_{n\leq\pi}b_{n}+\sum_{x\leq n\leq x_{0}}b_{n}dx_{0}\ldots d_{g-1}$
$= \tau^{g}\sum_{n\leq x}b_{n}+error(*)$
$A_{g}$ (x) Voronoi formula $x^{k/2+g-1}\tau^{1}/2$
error(**) } error(*) error(**) \leq
error(*), $(**)$ error(**) [5] [3]
Ramanujan
Ramanujan
error(*) $\sum_{a\leq n\leq x_{0}}b$n Ramanujan
$error(*)<<x^{(k-1)/2+\epsilon}\tau+x^{(k+1)/2_{P}1/g}$
error(*)\ll x(k-1)/2 $+$’r $+x$k/2-1/(4g$+1$ ) $+e_{T}g+1/2$
$.+$ xk/2-1/2g,g $+\mathit{1}/2$ $+x$k/2-1/(4g$+1$) $+$ 1/2-1/2g$+C$
hmanujan
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